The proof given was by an induction and made use of properties of the representatives of Go(nN) in G0(w). The referee for [l ] furnished the author with an ingenious proof of Theorem 1 which avoided the induction. Since then the author has found a simpler proof which is more illuminating. This proof of Theorem 1 will be given here.
Set
-CD--CDWe note that s'-C i> w'-(l d-S is an element of Go(n) ior every n, and so SEH. Lemma 1. Let Then W°EH.
Proof. We have /l x\ fa ft\ /a + xc ft + xd\
Since (a, c) = 1, there is an x such that ia+xc, ra) = 1. (Thisis a consequence of Dirichlet's theorem, but can be proved in an elementary fashion. See e.g., p. 17 [2] .) Thus associated with every matrix M-C !)efl there is a matrix (ao bo\ such that (a0, w) = 1.
Since (a0, ra) = l, we can determine y such that a0y = c (mod ra).
Then
Hence W~«MoGH, and so W~"GH. Thus W^GH. Since a0y=c (mod ra) and WnGGo(n)QH, WCGH. Lemma 1 is thus proved. Proof. This is immediate, since if c\, c2GZ then Wc\ W*GH by Lemma 1, and so for arbitrary integers p, q Since also S*Gi7, MEH. Thus G0(m)CZH, and so H=G0(m). This completes the proof of Theorem 1.
